THEOREM. The conjecture is true in the following cases: (1) K is a one-dimensional simplicial complex (for example, R\ S\ or I) (2) K is compact, X is finite-dimensional (3) K is compact, Y is finite-dimensional and compact, and X is separable. (4) X is compact and Y is of type 1 in X.
The last case is an easy result, the definition of type being as follows: Let Y be a closed subset of X. Define H(Y) = {x e X \ x does not have a unique closest point in Y}. Let Y γ 
-H(Y) Π Y, Y n =
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If γ i= z 0, then we say Y is of type 1 in X. If Y n -0 but Yn-ι Φ 0, we say Y is of type n in X. Finally, if all Y i are nonempty, we say that Y is of infinite type in X. There is probably an inductive argument to show that sets of finite type in compact spaces satisfy the conjecture, but sets of infinite type are not uncommon, for instance, the Cantor set in I.
The proof of Part (4) of the Theorem is contained in § 2. The proofs of (l)-(3) are similar to the proof of the Tietze Extension Theorem, an idea suggested to the author by R. D Anderson, and are contained in later sections. Hence we can restrict ourselves to isotopies on these spaces. Furthermore, ^~{R l ) is naturally homeomorphic to J^{I). We will prove Part (1) for K -I, and it will be clear that the proof generalizes to K = S 1 by the covering space of S\ and hence to K a 1-complex.
Let J t ej^{I) for i = 1, 2, , n, and let s^el be such that Σί Si = 1. Define the s r average of the isotopies J t to be the isotopy ft(%) -Σ?=i Si i/ί(a?) for xel, tel.
It is easy to see that f t (x) is an isotopy, and furthermore, that
Here d denotes the sup metric on *J^(K) inherited from K since K is compact. It will also be used to denote the metric on X.
We will inductively define continuous functions φ n : X satisfying:
If we can do the above, then φ = lim^^ φ n is the required extension. It is equal to φ on Y by (a), it converges on X -Y by (b), and it is continuous on Y by (c).
Suppose we have inductively defined the φ i satisfying the above for i ^ n -1. We will define φ n as follows.
Let Φ n : Y^^(K) be defined by Φ n (y) = φ(y)o(φ n _ 1 (y))~\ (It is understood that the composition of isotopies is at each level the composition of the homeomorphisms at the same level.) Then Proof. Easy to verify using compactness of K and I.
LEMMA 3. Given e > 0 and f t e ^~(K). Then there exists a >0 such that if g t e ^(K) satisfies d(f t , g t )
Proof. Again easy, using compactness of K and I. Proof. d{f t ofr\x) 9 g t og 7 \y)) rg d{f t°f r\x),f*°fΓ ι {y)) + d{Ufr\y), ft o 9l\y)) + d{f t og~ι(y), g t og-\y)). The first term is minimized by Lemma 2, the second by Lemma 3 and uniform continuity of f t , and the third is minimized by l(ε). 
